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1. °√“ø¢Õß ¡°“√‡™‘ß‡ âπ Õßµ—«·ª√

 ¡°“√‡™‘ß‡ âπ Õßµ—«·ª√¡’√Ÿª∑—Ë«‰ª§◊Õ Ax � By � C = 0 ‡¡◊ËÕ A, B, C ‡ªìπ§à“§ßµ—«

‚¥¬∑’Ë A ·≈– B ‰¡à‡∑à“°—∫»Ÿπ¬åæ√âÕ¡°—π ®—¥ ¡°“√„À¡à„π√Ÿª y = −Ax

B
�

C

B

∂â“„Àâ m =
−A

B
 ·≈–  b = −C

B

®–‰¥â y = mx�b

 ¡°“√ y = mx�b Õ¬Ÿà„π√Ÿª§«“¡™—π °√“ø‡ªìπ‡ âπµ√ß ®–¡’§«“¡™—π‡∑à“°—∫ m ·≈–

√–¬–µ—¥·°π Y ‡∑à“°—∫ b

 °‘®°√√¡∑’Ë 1.1

1. ®ßÀ“§ŸàÕ—π¥—∫∑’Ë Õ¥§≈âÕß°—∫ ¡°“√ x�y � 2  ‡¡◊ËÕ x ·≈– y ‡ªìπ®”π«π‡µÁ¡„¥Ê ·≈â«
‡¢’¬π°√“ø

«‘∏’∑” x�y = 2 (®—¥√Ÿª ¡°“√„ÀâÕ¬Ÿà„π√Ÿª y = mx�b)

y = �x�2

 °√“ø2

1.1 °√“ø¢Õß ¡°“√‡™‘ß‡ âπ Õßµ—«·ª√
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‡≈◊Õ° x À“§à“ y ‚¥¬·∑π§à“ x „π ¡°“√ y     =     �x�2   §ŸàÕ—π¥—∫

  0 y = (0)�2 = 2       (0, 2)

  1 y = �(1)�2 = .....................................................       (1, 1)

  2 y = �(2)�2 = ..................................................... ..................

  3 y = �(3)�2 = ..................................................... ..................

®–‰¥â §ŸàÕ—π¥—∫∑’Ë Õ¥§≈âÕß°—∫ ¡°“√ x�y = 2 ‰¥â·°à (0, 2), .........................

‡¢’¬π°√“ø‰¥â¥—ßπ’È

2. ®ßÀ“§ŸàÕ—π¥—∫∑’Ë Õ¥§≈âÕß°—∫ ¡°“√ x � 2y �  6 ‡¡◊ËÕ x ·≈– y ‡ªìπ®”π«π®√‘ß„¥Ê

·≈–‡¢’¬π°√“ø

«‘∏’∑” (®—¥√Ÿª¿“æ„ÀâÕ¬Ÿà„π√Ÿª y = mx�b)

x�2y = 6

.......................................... = ..................................................................................

y = ..................................................................................

x �2 0 2 4

y ............. ............ ............ ...........

§ŸàÕ—π¥—∫§◊Õ .......................................................................................................

Y

X
O–2

–2

2 4

2

4

6
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3. ®ß‡¢’¬π°√“ø¢Õß ¡°“√ 3y � 2x � 9 ‡¡◊ËÕ x ·≈– y ‡ªìπ®”π«π®√‘ß„¥Ê

«‘∏’∑” 3y�2x = 9

....................................................................................................................................

....................................................................................................................................

x �3 0 3 6

y ............ ............ ........... ............

§ŸàÕ—π¥—∫§◊Õ .......................................................................................................
‡¢’¬π°√“ø‰¥â¥—ßπ’È

‡¢’¬π°√“ø‰¥â¥—ßπ’È
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4. ®ß‡¢’¬π°√“ø¢Õß y = 3 ‡¡◊ËÕ x = �2 ∫π·°π§Ÿà‡¥’¬«°—π ·≈–®ß∫Õ°≈—°…≥–¢Õß°√“ø

«‘∏’∑”  ¡°“√ y = 3 ¡“®“° y � (0)x = 3

y = (0)x�3

x 0 1 2 3

y ............. ........... ........... ............

·≈–  ¡°“√ x = �2 ¡“®“° (0)y�x = �2

x = (0)y�2

x ............ ............ ............ ............

y 0 1 2 3

‡¢’¬π°√“ø‰¥â¥—ßπ’È

(1)  ¡°“√ y = (0)x�3 °√“ø®– ..........................................°—∫·°π X ·≈–µ—¥·°π Y

∑’Ë®ÿ¥ ..................

(2)  ¡°“√ x = (0)y�2 °√“ø®– ..........................................°—∫·°π Y ·≈–µ—¥·°π X

∑’Ë®ÿ¥ ..................
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5. ®ß· ¥ß„Àâ‡ÀÁπ«à“ §ŸàÕ—π¥—∫„¥∑’Ë‡ªìπ§”µÕ∫¢Õß ¡°“√ x � 2y � 6

(1) (2, 1) (2) (0, �3)

(3) (4, �1) (4)
  

1 5
2

, �


 




«‘∏’∑” (1)  (2, 1) ·∑π§à“ x = 2 ·≈– y = 1 „π x�2y = 6

x�2y = 6

2�2(1) = 6

0 = 6  ‰¡à‡ªìπ®√‘ß

· ¥ß«à“ (2, 1) ‰¡à„™à§”µÕ∫¢Õß ¡°“√

(2)  (0, �3) x�2y = 6

0 �2(�3) = 6

6 = 6  ‡ªìπ®√‘ß

· ¥ß«à“ (0, �3) ‡ªìπ§”µÕ∫¢Õß ¡°“√

(3) (4, 1) .......................................................................................................

.......................................................................................................

.......................................................................................................

.......................................................................................................

(4) 1
5

2
, −



 .......................................................................................................

.......................................................................................................

.......................................................................................................

.......................................................................................................

.......................................................................................................

6. „Àâπ—°‡√’¬π∫Õ°«à“§ŸàÕ—π¥—∫∑’Ë°”Àπ¥„ÀâÕ¬Ÿà„π®µÿ¿“§„¥ ‚¥¬‰¡àµâÕß‡¢’¬π°√“ø

(1)
  

3 5
8

, �


 


 .......................................................................................................

(2) (�6.2, 8.5) .......................................................................................................

(3) (200, 1365.6) .......................................................................................................

(4) − −

 


5

11
3
8

, .......................................................................................................
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1.2 °“√À“√–¬–µ—¥·°π X ·≈–√–¬–µ—¥·°π Y

°‘®°√√¡∑’Ë 1.2

1. °”Àπ¥ x � 2y = 6 ®ßÀ“√–¬–µ—¥·°π X √–¬–µ—¥·°π Y ·≈â«‡¢’¬π°√“ø

«‘∏’∑” À“√–¬–µ—¥·°π X, „Àâ y = 0

®“° x�2y = 6

x�2(0) = 6

x = 6

®–‰¥â«à“‡ âπµ√ßµ—¥·°π X ∑’Ë®ÿ¥ ....................................

À“√–¬–µ—¥·°π Y, „Àâ x = 0

®“° x�2y = 6

0�2y = 6

y = 3

®–‰¥â«à“‡ âπµ√ßµ—¥·°π Y ∑’Ë®ÿ¥ .....................................

‡¢’¬π‡ âπ°√“ø¥—ßπ’È
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2. ®ßÀ“√–¬–µ—¥·°π X ·≈–·°π Y ®“° ¡°“√ y � 2x � �4 ·≈â«‡¢’¬π°√“ø

«‘∏’∑” À“√–¬–µ—¥·°π X, „Àâ y = 0

®“° y�2x = �4

0�2x = �4

....................................................................................................................................

À“√–¬–µ—¥·°π Y, „Àâ x = 0

®“° y�2x = �4

y�2(0) = �4

....................................................................................................................................

....................................................................................................................................

‡¢’¬π°√“ø‰¥â¥—ßπ’È

3. ®ßÀ“√–¬–µ—¥·°π X ·≈–·°π Y ®“° ¡°“√ 2x � 3y � 6 ·≈â«‡¢’¬π°√“ø

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................
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1.3 §«“¡™—π¢Õß‡ âπµ√ß

∫∑π‘¬“¡¢Õß§«“¡™—π¢Õß‡ âπµ√ß

§«“¡™—π m ¢Õß‡ âπµ√ß∑’Ë‰¡à¢π“π°—∫·°π Y ∑’Ëºà“π®ÿ¥ Õß®ÿ¥ (x1, y1) ·≈– (x2, y2)

‡¡◊ËÕ x1 �  x2 §◊Õ

m = y y

x x
2 1

2 1

−
−

 À√◊Õ y y

x x
1 2

1 2

−
−

°‘®°√√¡∑’Ë 1.3

1. ®ßÀ“§«“¡™—π¢Õß‡ âπµ√ß∑’Ëºà“π®ÿ¥ (2 , 4) ·≈– (0, �2) ·≈â«‡¢’¬π°√“ø¢Õß‡ âπµ√ß
∑’Ëºà“π®ÿ¥∑—Èß Õß ·≈–µÕ∫§”∂“¡

«‘∏’∑” „Àâ (x1, y1) = (2, 4) ·≈– (x2, y2) = (0, �2)

®“° m =
y y

x x
2 1

2 1

−
−

  ‡¡◊ËÕ   x1 �  x2

=
− −

−
2 4

0 2

= ...........................................................................

....................................................................................................................................

....................................................................................................................................

¥—ßπ—Èπ §«“¡™—π¢Õß‡ âπµ√ß∑’Ëºà“π®ÿ¥ (2, 4) ·≈– (0, �2) ‡∑à“°—∫ ..........................
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‡¢’¬π°√“ø‰¥â¥—ßπ’È

°√“ø∑”¡ÿ¡ ........................... (·À≈¡, ©“°, ªÑ“π) °—∫·°π X ‡¡◊ËÕ«—¥∑«π‡¢Á¡π“Ãî°“

®“°·°π X ‰ª¬—ß°√“ø‡ âπµ√ßπ—Èπ

2. ®ßÀ“§«“¡™—π¢Õß‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�3, 9) ·≈–®ÿ¥ (�2, 7) ·≈â«‡¢’¬π°√“ø¢Õß

‡ âπµ√ß∑’Ëºà“π®ÿ¥∑—Èß Õß ·≈–µÕ∫§”∂“¡

«‘∏’∑” „Àâ (x1, y1) = (�3, 9) ·≈– (x2, y2) = (�2, 7)

m =
y y

x x
2 1

2 1

−
−

  ‡¡◊ËÕ x1 �  x2

= ...........................................................................

= ...........................................................................

¥—ßπ—Èπ §«“¡™—π¢Õß‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�3, 9) ·≈– (�2, 7) ‡∑à“°—∫ ..........................

‡¢’¬π°√“ø‰¥â¥—ßπ’È

°√“ø∑”¡ÿ¡ .............................. (·À≈¡, ©“°, ªÑ“π) °—∫·°π X ‡¡◊ËÕ«—¥∑«π‡¢Á¡

π“Ãî°“®“°·°π X ‰ª¬—ß°√“ø‡ âπµ√ßπ—Èπ
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3. ®ßÀ“§«“¡™—π¢Õß‡ âπµ√ß ÷́Ëßºà“π®ÿ¥ (�1, 2) ·≈– (2, 2) ·≈–‡¢’¬π°√“ø¢Õß‡ âπµ√ß

∑’Ëºà“π®ÿ¥∑—Èß Õß ·≈–µÕ∫§”∂“¡

«‘∏’∑” m =
y y

x x
2 1

2 1

−
−

   ‡¡◊ËÕ   x1 � x2

= ...........................................................................

= ...........................................................................

π—Ëπ§◊Õ §«“¡™—π¢Õß‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�1, 2) ·≈– (2, 2) ‡∑à“°—∫ ..................................

‡¢’¬π°√“ø‰¥â¥—ßπ’È

°√“ø¢π“π°—∫ .......................................... (·°π X, ·°π Y)

4. ®ßÀ“§«“¡™—π¢Õß‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�2, 3) ·≈– (�2, �1) ·≈â«‡¢’¬π°√“ø¢Õß‡ âπµ√ß

∑’Ëºà“π®ÿ¥∑—Èß Õß ·≈–µÕ∫§”∂“¡

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................
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°√“ø ................................................ °—∫·°π X  π—°‡√’¬πÀ“§«“¡™—π‰¥âÀ√◊Õ‰¡à

.....................................................................................................................................................

5. ®ßÀ“§«“¡™—π¢Õß‡ âπµ√ß ÷́Ëßºà“π®ÿ¥ (�1, �3) ·≈– (2, 2) ·≈â«‡¢’¬π°√“ø ·≈–µÕ∫
§”∂“¡

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

°√“ø∑”¡ÿ¡ ..................... °—∫·°π X ‡¡◊ËÕ«—¥∑«π‡¢Á¡π“Ãî°“®“°·°π X ‰ª¬—ß‡ âπµ√ßπ—Èπ
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¢âÕ —ß‡°µ æ‘®“√≥“§à“¢Õß m

1. ∂â“ m � 0 °√“ø∑”¡ÿ¡ ......................................... °—∫·°π X ‡¡◊ËÕ«—¥∑«π‡¢Á¡π“Ãî°“

2. ∂â“ m � 0 °√“ø∑”¡ÿ¡ ......................................... °—∫·°π X ‡¡◊ËÕ«—¥∑«π‡¢Á¡π“Ãî°“
3. ∂â“ m = 0 °√“ø∑”¡ÿ¡ ......................................... °—∫·°π X ‡¡◊ËÕ«—¥∑«π‡¢Á¡π“Ãî°“

6. ‡ âπµ√ßºà“π®ÿ¥ (4, 5), (x, 7) ·≈–¡’§«“¡™—π � 2
3
 ®ßÀ“§à“ x

«‘∏’∑” m =
y y

x x
2 1

2 1

−
−

·∑π§à“, − 2

3
=

7 5

4

−
−x

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................

7. ‡ âπµ√ßºà“π®ÿ¥ (x, �2), (5, 0) ·≈–¡’§«“¡™—π 3
4
 ®ßÀ“§à“ x

«‘∏’∑” m =
y y

x x
2 1

2 1

−
−

·∑π§à“, ......................................................................................................................

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................

8. ‡ âπµ√ßºà“π®ÿ¥ (�3, 20), (2, y) ·≈–¡’§«“¡™—π �6 ®ßÀ“§à“ y

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................
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1.4 °“√À“ ¡°“√‡ âπµ√ß

1.4.1 °“√À“ ¡°“√‡ âπµ√ß∑’Ë‰¡à¢π“π°—∫·°π Y

®“° ¡°“√§«“¡™—π m =
y y

x x
2 1

2 1

−
−

  ‡¡◊ËÕ  x1 � x2

À√◊Õ y2�y1 = m(x2�x1)

°‘®°√√¡∑’Ë 1.4.1

1. ®ßÀ“ ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (0, 3) ·≈– (1, 2)

«‘∏’∑” À“§«“¡™—π m =
y y

x x
2 1

2 1

−
−

  ‡¡◊ËÕ   x1 �  x2

‡¡◊ËÕ (x1, y1) = (0, 3) ·≈– (x2, y2) = (1, 2)

m =
2 3

1 0

−
−

m = �1

 ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (x1, y1) ·≈–¡’§«“¡™—π m §◊Õ

y�y1 = m(x�x1)

‡¡◊ËÕ (x1, y1) = (0, 3) ·≈– m = �1

 ¡°“√§◊Õ y�3 = �1 (x�0)

....................................................................................................................................

....................................................................................................................................

 ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (0, 3) ·≈– (1, 2) §◊Õ .....................................................

2. ®ßÀ“ ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (2, 5) ·≈– (0, 2)

«‘∏’∑” m =
y y

x x
2 1

2 1

−
−

   ‡¡◊ËÕ   x1 �  x2

=
2 5

0 2

−
−

m =
3

2
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 ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (x1, y1) ·≈–¡’§«“¡™—π m §◊Õ

y�y1 = m(x�x1)

‡¡◊ËÕ (x1, y1) = (0, 2) ·≈– m = 3

2

 ¡°“√§◊Õ ...................................................................................................................

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................

3. ®ßÀ“ ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�1, 1) ·≈–¡’§«“¡™—π � 3
4

«‘∏’∑”  ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (x1 y1) ·≈–¡’§«“¡™—π m §◊Õ

y�y1 = m(x�x1)

®–‰¥â y�1 = �
3
4
[x�(�1)]

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................

........................................................................................................................

4. ®ßÀ“ ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�2, 6) ·≈–¡’§«“¡™—π �3

«‘∏’∑” ....................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................
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5. ®ßÀ“ ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�2, �2) ·≈–¡’§«“¡™—π 0

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

1.4.2 °“√À“§«“¡™—π √–¬–µ—¥·°π X ·≈–√–¬–µ—¥·°π Y

®“° ¡°“√‡ âπµ√ß

®“° ¡°“√‡ âπµ√ß

y = mx�b

®–‰¥â«à“ °√“ø¡’§«“¡™—π‡∑à“°—∫ m ·≈–°√“øµ—¥·°π Y ∑’Ë®ÿ¥ (0, b)

°‘®°√√¡∑’Ë 1.4.2

®“° ¡°“√‡ âπµ√ß„π·µà≈–¢âÕ ®ßÀ“

°. §«“¡™—π ¢. √–¬–µ—¥·°π Y §. √–¬–µ—¥·°π X

1. 2x�y�4 = 0

«‘∏’∑” °. 2x�y�4 = 0

®—¥ ¡°“√„À¡à y = 2x�4

®–‰¥â«à“ °√“ø¡’§«“¡™—π‡∑à“°—∫ 2

¢. °√“øµ—¥·°π Y ∑’Ë®ÿ¥ (0, 4)

®–‰¥â«à“ √–¬–µ—¥·°π Y ‡∑à“°—∫ 4



59·∫∫Ωñ°§≥‘µ»“ µ√åæ◊Èπ∞“π ¡.3 ¿“§‡√’¬π∑’Ë 1

§. °√“øµ—¥·°π X ‡¡◊ËÕ y = 0

®“° ¡°“√ 2x�y�4 = 0

2x�0�4 = 0

....................................................................................................................................

....................................................................................................................................

¥—ßπ—Èπ   °√“øµ—¥·°π X ∑’Ë®ÿ¥ (...............,  ...............)
®–‰¥â«à“ √–¬–µ—¥·°π X ‡∑à“°—∫ ................................

2. 3x�5y�15 = 0

«‘∏’∑” °. 3x�5y�15 = 0

5y = ...........................................................................

y = ...........................................................................

®–‰¥â«à“ °√“ø¡’§«“¡™—π‡∑à“°—∫ .......................................................................
¢. °√“øµ—¥·°π Y ∑’Ë®ÿ¥ (...............,  ...............)

®–‰¥â«à“ √–¬–µ—¥·°π Y ‡∑à“°—∫ ..................................

§. °√“øµ—¥·°π X ‡¡◊ËÕ y = 0
®–‰¥â 3x+5y + 15 = 0

= ...........................................................................

...............................................................................................................................

¥—ßπ—Èπ   °√“øµ—¥·°π X ∑’Ë®ÿ¥ (...............,  ...............)

®–‰¥â«à“ √–¬–µ—¥·°π X ‡∑à“°—∫ ................................

3. 3x�y = 0

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................
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4. x�y�5 = 0

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

1.4.3 §«“¡ —¡æ—π∏å¢Õß ¡°“√‡ âπµ√ßµ—Èß·µà Õß ¡°“√¢÷Èπ‰ª

∂â“ m1 ·≈– m2 ‡ªìπ§«“¡™—π¢Õß ¡°“√‡ âπµ√ß Õß ¡°“√ ¥—ßπ’È

y = m1x�b .......... (1)

y = m2x�c .......... (2)

®–‰¥â«à“

– °√“ø¢Õß ¡°“√∑—Èß Õß¢π“π°—π°ÁµàÕ‡¡◊ËÕ m1 = m2

– °√“ø¢Õß ¡°“√∑—Èß Õßµ—Èß©“°°—π°ÁµàÕ‡¡◊ËÕ m1m2 = �1

°‘®°√√¡∑’Ë 1.4.3

1. ®ß· ¥ß„Àâ‡ÀÁπ«à“°√“ø¢Õß ¡°“√ 2x�3y = 6 ·≈– 4x�6y�12 = 0 ¢π“π°—π
«‘∏’∑” ®“° 2x�3y = 6

3y = �2x�6

y = .............................................. .......... (1)

®“° 4x�6y�12 = 0

6y = �4x�12

........................................................................................................ .......... (2)
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®“° ¡°“√ (1) ·≈– (2) ¡’§«“¡™—π‡∑à“°—∫ ..........................................................................

·µà√–¬–µ—¥·°π Y ............................................................. (‡∑à“°—π, µà“ß°—π)

®–‰¥â«à“ °√“ø¢Õß ¡°“√∑—Èß Õß ...................................... (¢π“π°—π, µ—Èß©“°°—π)

2. ®ß· ¥ß„Àâ‡ÀÁπ«à“°√“ø¢Õß ¡°“√ 8x � 12y  �  3 ·≈– 3x � 2y  �  2 µ—Èß©“°°—π

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

3. ®ßÀ“ ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (3, �2) ·≈–¢π“π°—∫°√“ø¢Õß ¡°“√ x�4y � 6

·≈–· ¥ß¥â«¬°√“ø

«‘∏’∑” ®“° x�4y = 6

....................................................................................................................................

y = ...........................................................................

°√“ø¡’§«“¡™—π‡∑à“°—∫ ...........................................................................................

 ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (x1, y1) ·≈–¡’§«“¡™—π m §◊Õ
y�y1 = m(x�x1)

‡¡◊ËÕ   (x1, y1) = (3, �2), m = ................................

®–‰¥â y�(�2) = ....................... (x�3)

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................

....................................................................................................................................
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‡¢’¬π°√“ø‰¥â¥—ßπ’È

4. ®ßÀ“ ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�2, 3) ·≈–µ—Èß©“°°—∫°√“ø¢Õß ¡°“√ 4x � 2y  �  6

·≈–· ¥ß¥â«¬°√“ø

«‘∏’∑” ®“° 4x�2y = 6

2y = 4x�6

y = 2x�3

°√“ø¡’§«“¡™—π‡∑à“°—∫ 2

‡π◊ËÕß®“°‚®∑¬å°”Àπ¥«à“°√“ø¢Õß ¡°“√µ—Èß©“°°—π

®–‰¥â  m1�m2  = �1 ‡¡◊ËÕ m1 ·≈– m2 ‡ªìπ§«“¡™—π¢Õß°√“ø∑—Èß Õß
¥—ßπ—Èπ  ∂â“ m1 = 2, 2�m2 = �1

m2 = − 1

2

π—Ëπ§◊Õ  ¡°“√∑’ËµâÕß°“√À“¡’§«“¡™—π‡∑à“°—∫ − 1

2

 ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�2, 3) ·≈–¡’§«“¡™—π m2 §◊Õ

y�y1 = m2(x�x1)

‡¡◊ËÕ (x1, y1) = (�2, 3) ·≈– m2 = − 1

2

®–‰¥â y�3 = − 1

2
(x�(�2))

....................................................................................................................................

....................................................................................................................................
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‡¢’¬π°√“ø‰¥â¥—ßπ’È

2. °√“ø°—∫°“√π”‰ª„™â

°‘®°√√¡∑’Ë 2

1. ®“°°“√ ”√«®µ≈“¥ªÿÜ¬™’«¿“æ æ∫«à“§«“¡µâÕß°“√„π°“√„™âªÿÜ¬·≈–√“§“ªÿÜ¬¡’§«“¡

 —¡æ—π∏å°—π¥—ß ¡°“√ p � 240 � 
3
4

q ‡¡◊ËÕ p ‡ªìπ√“§“¡’Àπà«¬‡ªìπ∫“∑  q ‡ªìπ§«“¡

µâÕß°“√„π°“√„™âªÿÜ¬¡’Àπà«¬‡ªìπ∫“∑µàÕ≈‘µ√

(1) ®ßÀ“§«“¡µâÕß°“√„π°“√„™âªÿÜ¬∑’Ë√“§“≈‘µ√≈– 150 ∫“∑
(2) À“√“§“µàÕ≈‘µ√ ∂â“§«“¡µâÕß°“√„π°“√„™âªÿÜ¬‡ªìπ 20 ≈‘µ√

(3) ®“°¢âÕ (1) ·≈– (2) ®ß‡¢’¬π§ŸàÕ—π¥—∫· ¥ß§«“¡µâÕß°“√°“√„™âªÿÜ¬ (≈‘µ√) ·≈–√“§“

µàÕ≈‘µ√ ·≈–Õ∏‘∫“¬
«‘∏’∑” (1) ®“° ¡°“√ p = 240�

3

4
q

∂â“  p = 150, 150 = ...........................................................................

....................................................................................................................................

....................................................................................................................................

®–‰¥â«à“ ∂â“ªÿÜ¬√“§“≈‘µ√≈– 150 ∫“∑ ®–¡’§«“¡µâÕß°“√ ......................... ≈‘µ√
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(2)  ∂â“  q = 20, p = ...............................................................................

= ...............................................................................

= ...............................................................................

®–‰¥â«à“ ∂â“§«“¡µâÕß°“√„π°“√„™âªÿÜ¬ 20 ≈‘µ√ √“§“ªÿÜ¬≈‘µ√≈– ...............∫“∑

(3) ‡¢’¬π§ŸàÕ—π¥—∫· ¥ß§«“¡µâÕß°“√„π„™âªÿÜ¬ (≈‘µ√) ·≈–√“§“ªÿÜ¬µàÕ≈‘µ√‰¥â‡ªìπ

............................................................ ·≈– ...............................................................
Õ∏‘∫“¬‰¥â«à“ ∂â“√“§“ªÿÜ¬µàÕ≈‘µ√¡’√“§“ Ÿß¢÷Èπ ºŸâ∫√‘‚¿§®–´◊ÈÕªÿÜ¬≈¥≈ß

2. ®“°¢âÕ 1 ∂â“æ∫«à“ ¡°“√√“§“·≈–§«“¡ “¡“√∂„π°“√®—¥À“‡ªìπ p � 
3
4

q ‡¡◊ËÕ q ·∑π

§«“¡ “¡“√∂„π°“√®—¥À“ ·≈– p ·∑π√“§“

(1) ®ßÀ“ª√‘¡“≥§«“¡ “¡“√∂„π°“√®—¥À“ªÿÜ¬ ‡¡◊ËÕ√“§“ªÿÜ¬≈‘µ√≈– 180 ∫“∑
(2) ®ßÀ“√“§“µàÕ≈‘µ√ ∂â“ºŸâº≈‘µ “¡“√∂®—¥À“ªÿÜ¬‰¥â 100 ≈‘µ√

(3) ®“°¢âÕ (1) ·≈– (2) ®ß‡¢’¬π§ŸàÕ—π¥—∫· ¥ß§«“¡ “¡“√∂„π°“√®—¥À“ªÿÜ¬ (°‘‚≈°√—¡)

·≈–√“§“ªÿÜ¬µàÕ≈‘µ√ ·≈–Õ∏‘∫“¬

«‘∏’∑” (1) ®“° ¡°“√ p =
3
4

q

∂â“  p = 180, 180 = ....................................................................................

q = ....................................................................................

®–‰¥â«à“ ∂â“√“§“ªÿÜ¬≈‘µ√≈– 180 ∫“∑  ºŸâº≈‘µ “¡“√∂®—¥À“ªÿÜ¬‰¥â .............. ≈‘µ√
(2) ∂â“  q = 100, p = ....................................................................................

= ....................................................................................

®–‰¥â«à“ ∂â“ºŸâº≈‘µ®—¥À“ªÿÜ¬‰¥â 100 ≈‘µ√ √“§“ªÿÜ¬≈‘µ√≈– ............................. ∫“∑
(3) ®“°¢âÕ (1) ·≈– (2) ‡¢’¬π§ŸàÕ—π¥—∫· ¥ß§«“¡ “¡“√∂„π°“√®—¥À“ªÿÜ¬

(°‘‚≈°√—¡) ·≈–√“§“ªÿÜ¬µàÕ≈‘µ√‰¥â‡ªìπ (.......................) ·≈– (.......................)

Õ∏‘∫“¬‰¥â«à“ ∂â“√“§“ªÿÜ¬µàÕ≈‘µ√¡’√“§“ Ÿß¢÷Èπ ºŸâº≈‘µ®–º≈‘µªÿÜ¬‡æ‘Ë¡¢÷Èπ

3. ®“° ¡°“√§«“¡ —¡æ—π∏å„π¢âÕ 1 ·≈–¢âÕ 2 ®ß‡¢’¬π°√“ø≈ß∫π·°π§Ÿà‡¥’¬«°—π·≈–

µÕ∫§”∂“¡µàÕ‰ªπ’È

(1) ≥ √“§“‡∑à“‰√∑’Ë®–∑”„Àâ§«“¡µâÕß°“√‡∑à“°—∫§«“¡ “¡“√∂„π°“√®—¥À“
(2) ™à«ß‰Àπ∑’Ë§«“¡µâÕß°“√¡“°°«à“§«“¡ “¡“√∂„π°“√®—¥À“

(3) ™à«ß‰Àπ∑’Ë§«“¡ “¡“√∂„π°“√®—¥À“ªÿÜ¬¡’¡“°°«à“§«“¡µâÕß°“√ªÿÜ¬
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q (≈‘µ√)

p (∫“∑µàÕ≈‘µ√)

0 80 160 240 320

60

120

180

240

300

«‘∏’∑” ®“° ¡°“√„π¢âÕ 1 p = 240 � 3

4
q

§ŸàÕ—π¥—∫§◊Õ .......................................................................................................

®“° ¡°“√„π¢âÕ 2 p =
3

4
q

§ŸàÕ—π¥—∫§◊Õ .......................................................................................................

‡¢’¬π°√“ø‰¥â¥—ßπ’È

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

...................................................................................................................................................

p  =  240 �
3

4
q



66 ·∫∫Ωñ°§≥‘µ»“ µ√åæ◊Èπ∞“π ¡.3 ¿“§‡√’¬π∑’Ë 1

1. ‡ âπµ√ß∑’Ëºà“π®ÿ¥ (�2, 5) ·≈– (1, �2) ¡’

§«“¡™—π‡∑à“‰√

1. − 5

3
2. 5

3

3. 7

3
4. − 7

3

2. ¢âÕ„¥‰¡à∂Ÿ°µâÕß

1. 3x�2y�6 = 0 ¡’§«“¡™—π‡∑à“°—∫ 3

2

2. 3x�4y = �2 ¡’§«“¡™—π‡∑à“°—∫ − 3

4

3. 4x�5y�20 = 0 ¡’§«“¡™—π‡∑à“°—∫ − 4

5

4. 7x�2y = 5 ¡’§«“¡™—π‡∑à“°—∫ − 7

2

3.  ¡°“√‡ âπ¢π“π∑’Ëºà“π®ÿ¥ (�2, 5) ·≈–

¡’§«“¡™—π − 4

3
 §◊Õ ¡°“√„π¢âÕ„¥

1. 3x�4y = 7 2. 4x�3y = 5

3. 4x�3y = 7 4. 3x�4y = 5
4.  ¡°“√‡ âπµ√ß„π¢âÕ„¥ºà“π®ÿ¥ (�1, �3)

·≈– (4, 0)

1. y�x�4 = 0 2. 3x�5y�12 = 0
3. 5x�3y�12 = 0 4. 5y�3x�12 = 0

5. °√“ø¢Õß ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥

(�4, 1) ·≈– (�1, 3) ®–¢π“π°—∫°√“ø
¢Õß ¡°“√„π¢âÕ„¥

1. 2x�3y = 11 2. 3y�2x = 11

3. 3y�2x = 11 4. 6y�4x�22 = 0

·∫∫∑¥ Õ∫º≈ —¡ƒ∑∏‘Ï∑“ß°“√‡√’¬πª√–®”Àπà«¬

6. ‡ âπµ√ßºà“π®ÿ¥ (x, 6) ·≈– (�2, 9) ·≈–

¡’§«“¡™—π‡∑à“°—∫ − 3

4
 §à“ x ‡∑à“°—∫

‡∑à“‰√

1. �6 2. 6
3. 2 4. �2

7. °√“ø¢Õß ¡°“√‡ âπµ√ß∑’Ëºà“π®ÿ¥

(5, �12) ·≈– (�3, 8) ®–µ—Èß©“°°—∫
°√“ø¢Õß ¡°“√„π¢âÕ„¥

1. 2x�5y = 15 2. 5y�2x = 32

3. 2x�5y = 10 4. 5y�2x = 30

8. ‡ âπµ√ß§Ÿà„¥‰¡à¢π“π°—π

1. 3x�4y�24 = 0 ·≈– 3x�4y�24 = 0

2. 6x�4y�5 = 0 ·≈– 3x�2y�1 = 0
3. 4x�3y�6 = 0 ·≈– 12x�9y�12 = 0

4. 2x�3y�6 = 0 ·≈– 4x�9y�6 = 0

9.  ¡°“√„π¢âÕ„¥µ—¥·°π Y ∑’Ë®ÿ¥ (0, 7)

·≈–µ—¥·°π X ∑’Ë®ÿ¥ (�3, 0)

1. 3x�7y = 21 2. 3x�7y = �21

3. 3y�7x = 21 4. 3y�7x = 21

10.  ¡°“√ 3x�4y = 6 µ—¥·°π X ·≈–

·°π Y ∑’Ë®ÿ¥„¥ (µÕ∫µ“¡≈”¥—∫)

1. (3, 0) ·≈– (0, 6)

2. (3, 0) ·≈– (0, �6)

3. (2, 0) ·≈– (0, �2.5)

4. (2, 0) ·≈– (0, �1.5)

„Àâπ—°‡√’¬π‡≈◊Õ°§”µÕ∫∑’Ë∂Ÿ°µâÕß
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11. √Ÿª ’Ë‡À≈’Ë¬¡ ABCD ´÷Ëß¡’®ÿ¥¬Õ¥Õ¬Ÿà∑’Ë A

(1, 0), B (6, 2), C (10, 1) ·≈– D (5, �1)

‡ªìπ√Ÿª ’Ë‡À≈’Ë¬¡™π‘¥„¥
1. √Ÿª ’Ë‡À≈’Ë¬¡º◊πºâ“

2. √Ÿª ’Ë‡À≈’Ë¬¡®—µÿ√— 

3. √Ÿª ’Ë‡À≈’Ë¬¡¢π¡‡ªï¬°ªŸπ
4. √Ÿª ’Ë‡À≈’Ë¬¡¥â“π¢π“π

12. °”Àπ¥®ÿ¥ A (�2, 3) ·≈– B (3, �2)

§«“¡¬“« AB ‡∑à“°—∫‡∑à“‰√

1. 5 Àπà«¬ 2. 5 2  Àπà«¬

3. 5 3  Àπà«¬ 4. 5 5  Àπà«¬

13. „Àâ A (1, 1), B (4, 4) ·≈– C (9, �1) ‡ªìπ
®ÿ¥ 3 ®ÿ¥„π√–π“∫ Õ¬“°∑√“∫«à“ √Ÿª

 “¡‡À≈’Ë¬¡ ABC ‡ªìπ√Ÿª “¡‡À≈’Ë¬¡

™π‘¥„¥
1. √Ÿª “¡‡À≈’Ë¬¡¥â“π‰¡à‡∑à“

2. √Ÿª “¡‡À≈’Ë¬¡¥â“π‡∑à“

3. √Ÿª “¡‡À≈’Ë¬¡Àπâ“®—Ë«
4. √Ÿª “¡‡À≈’Ë¬¡¡ÿ¡©“°

14. ®ßÀ“§«“¡¬“«¢Õß‡ âπ√Õ∫√Ÿª ·≈–

æ◊Èπ∑’Ë¢Õß√Ÿª “¡‡À≈’Ë¬¡∑’Ë¡’¡ÿ¡¬Õ¥∑—Èß
 “¡‡ªìπ (2, �2), (�4, 6) ·≈– (3, 5)

1. 22.25 ‡´πµ‘‡¡µ√, 20 µ“√“ß‡´πµ‘‡¡µ√

2. 22.84 ‡´πµ‘‡¡µ√, 22 µ“√“ß‡´πµ‘‡¡µ√
3. 24.00 ‡´πµ‘‡¡µ√, 23 µ“√“ß‡´πµ‘‡¡µ√

4. 24.14 ‡´πµ‘‡¡µ√, 25 µ“√“ß‡´πµ‘‡¡µ√

15. ∫√‘…—∑‡Õ Õ“√å ®”°—¥ ¡’°”‰√ ÿ∑∏‘„πªï
2544 ‡ªìπ‡ß‘π 80 ≈â“π∫“∑ ·≈–¡’°”‰√

 ÿ∑∏‘„πªï 2548 ‡ªìπ‡ß‘π 110 ≈â“π∫“∑

∂â“º≈°”‰√¡’°√“ø‡ªìπ‡ âπµ√ß „πªï 2550

∫√‘…—∑®–¡’°”‰√‡∑à“‰√

1. 115 ≈â“π∫“∑ 2. 120 ≈â“π∫“∑

3. 125 ≈â“π∫“∑ 4. 130 ≈â“π∫“∑

16. „πªï 2530 ¡À“«‘∑¬“≈—¬·ÀàßÀπ÷Ëß¡’ºŸâ
 ¡—§√‡¢â“‡√’¬π 1,200 §π „π™à«ß 10 ªï

®”π«πºŸâ ¡—§√‡¢â“‡√’¬π‡æ‘Ë¡¢÷Èπªï≈– 60

§π ∂â“®”π«πºŸâ ¡—§√‡¢â“‡√’¬π‡æ‘Ë¡¢÷Èπ
Õ¬à“ß§ß∑’Ë „πªï 2550 ¡’ºŸâ ¡—§√‡¢â“‡√’¬π

°’Ë§π

1. 1,800 §π 2. 2,000 §π
3. 2,200 §π 4. 2,400 §π

17. ∫√‘…—∑·ÀàßÀπ÷Ëß´◊ÈÕ‡§√◊ËÕß∂à“¬‡Õ° “√

√“§“ 17,500 ∫“∑ ¡’°“√ª√–¡“≥°“√«à“
À≈—ß®“° 4 ªï ‡§√◊ËÕß∂à“¬‡Õ° “√®–¡’

¡Ÿ≈§à“§ß‡À≈◊Õ 9,500 ∫“∑ ∂â“§”π«≥

§à“‡ ◊ËÕ¡√“§“‡ªìπ·∫∫‡ âπµ√ß „πªï∑’Ë 7

‡§√◊ËÕß∂à“¬‡Õ° “√¡’¡Ÿ≈§à“‡∑à“‰√

1. 3,000 ∫“∑ 2. 3,200 ∫“∑

3. 3,500 ∫“∑ 4. 3,600 ∫“∑
18. „Àâ§«“¡ “¡“√∂„π°“√®—¥À“·≈–

µâÕß°“√‰¡â‡∑â“∑’Ëπ”‡¢â“®“°ª√–‡∑»

Õ‘π‡¥’¬‡ªìπ∫“∑µàÕÕ—π °”Àπ¥‚¥¬
§« “¡  “¡ “ √∂ „π° “ √ ®— ¥ À “ ‡ ªì π

p = 2

5
q �200 ·≈–§«“¡µâÕß°“√‡ªìπ

p = 3,000�
2

3
q  ‡¡◊ËÕ p ‡ªìπ√“§“¢Õß‰¡â

‡∑â“ ·≈– q ‡ªìπª√‘¡“≥¢Õß‰¡â‡∑â“ ®ß

À“«à“√“§“‰¡â‡∑â“Õ—π≈–‡∑à“‰√∑’Ë∑”„Àâ

§«“¡µâÕß°“√·≈–§«“¡ “¡“√∂„π°“√
®—¥À“‡∑à“°—π

1. 800 ∫“∑ 2. 1,000 ∫“∑

3. 1,400 ∫“∑ 4. 1,500 ∫“∑
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19. ®“°‚®∑¬å¢âÕ 18 ™à«ß∑’Ë§«“¡µâÕß°“√

¡“°°«à“§«“¡ “¡“√∂„π°“√®—¥À“‰¡â

‡∑â“ ‡∑à“°—∫¢âÕ„¥
1. ™à«ß∑’Ë√“§“‰¡â‡∑â“µË”°«à“ 800 ∫“∑

2. ™à«ß∑’Ë√“§“‰¡â‡∑â“µË”°«à“ 1,000 ∫“∑

3. ™à«ß∑’Ë√“§“‰¡â‡∑â“µË”°«à“ 1,400 ∫“∑
4. ™à«ß∑’Ë√“§“‰¡â‡∑â“µË”°«à“ 1,500 ∫“∑

20. ®“°‚®∑¬å¢âÕ 18 ∂â“°”Àπ¥„Àâ¢“¬‰¡â

‡∑â“√“§“ 1,200 ∫“∑ ®–‡°‘¥‡Àµÿ°“√≥å

„π¢âÕ„¥

1. §«“¡µâÕß°“√¡“°°«à“§«“¡ “¡“√∂
„π°“√®—¥À“‰¡â‡∑â“Õ¬Ÿà 800 Õ—π

2. §«“¡ “¡“√∂„π°“√®—¥À“¡’ à«π‡°‘π

§«“¡µâÕß°“√´◊ÈÕ‰¡â‡∑â“Õ¬Ÿà 800 Õ—π
3. §«“¡µâÕß°“√·≈–§«“¡ “¡“√∂„π°“√

®—¥À“‰¡â‡∑â“‡∑à“°—π

4. º‘¥∑ÿ°¢âÕ




